Let P be a finitely generated projective module over a commutative ring. Some tensor power of P is free iff some sum of copies of P is free.
Theorem.
Let A be a commutative ring and P a finitely generated projective A-module of rank r > 0.
(a) Suppose that P8" (= P ®A • ■ ■ ®AP, n times) is free for some integer n > 0. Then mP (= P ffi • • • ffiP, m times) is free for some integer h > 0, where m = rh(n-l)
. nh (b) Suppose that mP is free for some integer m > 0. Then for some integer t > 0, P®m' is free.
Since P and the assumed isomorphisms with free modules are defined over some finitely generated subring of A, there is no loss in assuming, as we do, that A is noetherian, say of dimension d.
In K0(A) we put x = [P] and y = x -r. Proof of (a). By hypothesis, x" = r" so 
